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Q.1 Answer Briefly any seven of the following (Out of ten) 14

Define with example: Signed Measure on measurable space.
Prove or disprove ¢ A measure zerocgst is null set ’.

Define Positive and negative set witfPespect to a signed measure.

State Radon Nikodym theorem for Sg@ned measures.
If (Ai' bi ),i = 1,2

are Hahn-dcconpos&f X with respect to signed measure #  then sho
AA A

2 is null sets with respect to # . -
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Define with example: A measure abgOjutely continuous with respect to another™
measure. 2

Define with example: Complete me@e.

Define with example: Semi Algebra of subsets of set.
State Tonelli’s theorem without proof.
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Define Baire sets in a locally compact Hausdorff space.

Q.2 (ihswer the following (Any Two) ©

Let! be the @ - algebra of all Lebesgue mo@Sable sets in® , # be the Lebesgue measure on(gg‘l)
andf B [0,0] o0 hon negative Le@ue measurable function then show that? <2 = ?\J}O]
defined by Y E)=Jp fdn vEE A isan%.u'eon(m"ﬂ).

State and prove Hahn decompositionrtheorem.
-
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Define @ - algebra of subset of a set X. HX%W setthen provethat ¥ P(X) = [0,00]
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A) = { the number of elements ; if Alis finite
wa) =1, ; if Ais infinite

is measure on (X2 P (¥2)

Q.3 Answer the following
1 State and prove Lebesgue decomposition theorem.
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. o i -finite” in Radon-Nikog
that the ypothes’s Y tbeoren,
by exanpk OR “annot
2 Descrbe be dropped.
, following
Answer the nsion theorem.

1  Statc and prove Caratheodory exte
A X 2
2 Let# beanmsweonanalgebm of subset ofa set™ and betheouter .
mdmed by

dq s ¥
H then prove that every element £ € & # cﬁ%smable.
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%swer the following questions (Any TW&
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Let(XXY’f’FXY)bCﬂBprOdUCtI’IBam ce of two  -finite ¢q |
ket
(FBNEER,; L, quxn(E)< O ~hen  show thatjtg ) ;m‘} [Omme ]Spaces (%, E),
9 =¥(ED), VX EX s neasurable and / T B = (2 X ¥) (B) , defined
- j

Describe by example that the hypothests * the non negativi :
theorem can not be dropped. ﬂﬁ SVl of £ in Tonnellié

T ad B ey frige |
ITfiélsureon(X A Thenproveﬂlat e isimerreglllarﬂ’enpisre

Answer the following (Any Two)
1 (xxy,F .
Let Fouxy)
. be the product measure space of two  Z -finite co kete R
(e} semalgebra of measurable rectangles i XXYRER ITpete measure spaces. ** be the
2] v n® (D ERos ypgx € X then show that %= i a meast@)
Q) Subsetof ¥, 4P W inat ™x 53 le
D 1 < 0
N (s & B compadd g o
,S ) ={f:x> ryf Is continuous and b F sco space. Then - show %t
. . s 3 |
et (L e
) o
Prove that ey, T~
- €Ty compact Bajre setK i .
é: Let e , bl mabcag@ad Housdorff space X i % . _C_:;’ )
; Conpact
X m>s,0) Hausdorff geggge m be a? - algebra of subsets of & Swgt )
l



